A CONJECTURE OF KRISHNASWAMI D. H. LEHMER
Let T(N) denote the number of right triangles whose perimeters do not exceed 2N, and whose sides are relatively prime integers. A list of all such triangles whose perimeters do not exceed 10000 has been given by A. A. Krishnaswami. 1 On the basis of this table he conjectured that ( 
1) T(N) ~ N/7.
The asymptotic formula (2) T(N) ~ r~*N log 4
follows from the general theory of "totient points," as developed by D. N. Lehmer in 1900. A statement equivalent to (2) will be found in his paper 2 (p. 328).
The conjecture (1) 
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In this paper we give a short proof of the fact that
The actual values of the error term for JV=500(500)5000 are given in a short table at the end of this paper. The proof of (3) is based on the following lemmas. A proof of this well known result will be found for example in Hardy and Wright 8 (p. 266).
LEMMA 2. Let #«(#) and $o(x) be defined by
PROOF. Since (6) follows from (4) and (5) it suffices to prove (5). To this effect we note that if m is even Since p>log x/log 4, the integral is 0(1/»). Hence (5) follows. LEMMA 3. Let O<0<1, and define F(0, x), F e ($, x) and F 0 (6, x) by
F,(0, *) = -2TT-2 log 0 + 0{x~l log *),
PROOF. Since (10) follows from (8) and (9) it suffices to prove (8) and (9). Now
By Lemma 1 these last two terms cancel to some extent and together contribute only O (per 1 log x). As for the rest Since the integral is 0(x~x), (9) follows at once. This completes the proof of Lemma 3.
LEMMA 4. Let <£(x, w) denote the number of integers ^x and prime to m. Then | <t>{x, m) -xnr l <j>(m) \ < d(m) where d{m) is the number of divisors of m.
This follows easily from a familiar theorem of Legendre to the effect that (11)
where n is the Möbius function and the sum extends over all the divisors of m. In fact if we write
The first sum is m~~l<t>(m) and the second is less than
in absolute value. This proves the lemma.
Finally we need one more lemma.
This is a very weak corollary of a famous result of Dirichlet (see Hardy and Wright, 3 p. 262-263). We are now in a position to prove the following theorem. Since the perimeter is supposed not to exceed IN we have
In order to avoid the cases in which a, b y c have a common factor it is necessary to suppose that we choose m, wso that (14) m y n are coprime and not both odd.
T(N)
is then merely the number of pairs of positive integers (w, n) such that (12), (13) and (14) By Lemmas 1, 2, and 3 therefore we obtain after simplification T(N) = a-2 (2 log 2)** + 0(* log *) = fl-^log 4)2V + O^1' 1 log N).
The following small table illustrates the error in (3) :
The function C(N) is defined by
and gives some idea of the possible constant implied by the 0 term of (3 
